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f∗(p) = max
x∈Rn

[(p, x)− f(x)] , (1)

Rn n (p, x)
x, p ∈ Rn f(x) f∗(p) f(x)

f(x)
n Sn ⊂ Rn+1

f∗(y) = max
x∈Sn

‖y − x‖2
2f(x)

, (2)

f(x)

ds2 = dx2

f2(x)
‖y − x‖

f∗(y) y ∈ Sn

ds∗2 = dy2

f∗2(y)
f(x) x ∈ Sn

f∗(yj) = max
xi∈Sn

‖yj − xi‖2
2f(xi)

, (3)

{xi}

n > 1 R+
n f = {fi} i = 1, . . . , n

A = ‖Aji‖ i, j = 1, . . . , n
LA R+

n LA : R+
n → R+

n

LA [{fi}] = {f∗j }

f∗j = max
i

Aji

fi
. (4)

max min log
Rmax = R ∪ {−∞}

Rmax = R ∪ {−∞}
f∗∗i ≤ fi, f∗∗∗i = f∗i i = 1, . . . , n, (5)

{f∗i } = LA [{fi}] {f∗∗i } = LA [{f∗i }] {f∗∗∗i } = LA [{f∗∗i }]
f∗j ·fi ≥ Aji

LA n = 3 A

A =

⎛
⎝ 0 a b

a 0 c
b c 0

⎞
⎠

) y ∈∈∈ SSSSSSSSSn

∈ Sn

(yjy ) = mmmmaaxxxxxx
xxxxxxii∈∈SSSSn

‖‖‖‖‖yyyyyjjjjjyyyyy −−− xxxxiiii‖‖‖‖2222222
2f(xi)))))))

,

> 1 R+
n

1, . ..... . ,, n, n, n, n
LA

LLLLLLLLAAAAA [[[[[{{{{{ffffffiiffff }}}}}}]]] =] =] =] = {{{{{{{{{fffffffff∗jjfff }

max mi



{f∗i } = LA [{fi}] {f∗∗i } = LA [{f∗i }]

f∗1 = max

(
a

f2
,
b

f3

)
, f∗2 = max

(
a

f1
,
c

f3

)
, f∗2 = max

(
b

f1
,
c

f2

)
;

f∗∗1 = max

(
amin

(
f1
a
,
f3
c

)
, bmin

(
f1
b
,
f2
c

))
,

f∗∗2 = max

(
cmin

(
f1
b
,
f2
c

)
, amin

(
f2
a
,
f3
b

))
,

f∗∗3 = max

(
cmin

(
f1
a
,
f3
c

)
, bmin

(
f2
a
,
f3
b

))
.
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T0

n k ∈ (2n−2, 2n−1]
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